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This discovery, which is technically so simple, made a very strong im-
pression on me, and it represents a decisive turning point in the course of
my reflections, a shift in particular of my centre of interest in mathema-
tics, which suddenly found itself strongly focused. I do not believe that a
mathematical fact has ever struck me quite so strongly as this one, nor had
a comparable psychological impact (?). This is surely because of the very
familiar, non-technical nature of the objects considered, of which any child’s
drawing scrawled on a bit of paper (at least if the drawing is made without
lifting the pencil) gives a perfectly explicit example. To such a dessin, we
find associated subtle arithmetic invariants, which are completely turned
topsy-turvy as soon as we add one more stroke.



Every finite oriented map gives rise to a projective non-singular algebraic
curve defined over Q, and one immediately asks the question: which are
the algebraic curves over Q obtained in this way — do we obtain them all,

who knows? In more erudite terms, could it be true that every projective
non-singular algebraic curve defined over a number field occurs as a possi-
ble “modular curve” parametrising elliptic curves equipped with a suitable
rigidification? Such a supposition seemed so crazy that I was almost em-
barrassed to submit it to the competent people in the domain. Deligne
when I consulted him found it crazy indeed, but didn’t have any counterex-
ample up his sleeve. Less than a year later, at the International Congress
in Helsinki, the Soviet mathematician Bielyi announced exactly that result,
with a proof of disconcerting simplicity which fit into two little pages of a
letter of Deligne — never, without a doubt, was such a deep and disconcerting
result proved in so few lines!
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This result seems to have remained more or less unobserved. Yet it appears
to me to have considerable importance. To me, its essential message is
that there is a profound identity between the combinatorics of finite maps
on the one hand, and the geometry of algebraic curves defined over num-
ber fields on the other. This deep result, together with the algebraic-
geometric interpretation of maps, opens the door onto a new, unexplored
world — within reach of all, who pass by without seeing it.




R-&"\fkl"\} Cwuves over @A af "wmodulor curves.

Bovy ceatvic  Subdivision

9 P(&) — P(4)
%uv%l'%‘l’ b? S3.

All green Fibe s have ram.
index 3 all Llwe Eibys have

com. index T. 300 = 'Et
: (x3-1)
,—) /nov\odfd"‘“a. oction factos ik £ Yromctd over M3

-\’\I\l‘o\,\a\/\ modulo— va\p (’SLZ(Z)‘
lence +le mMa p oles crilbed ‘oj L (;\'oiwt Loackewrs +le
d-.'n./w*o'%‘\ mMap J‘H——J fP‘(f).l

One last word feovn Grothandieck:

There are people who, faced with this, are content to shrug their shoul-
ders with a disillusioned air and to bet that all this will give rise to nothing,
except dreams. They forget, or ignore, that our science, and every science,
would amount to little if since its very origins it were not nourished with
the dreams and visions of those who devoted themselves to it.



